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12.1 Introduction

Two emerging types of electromagnetic imaging are presented: electrical impedance
imaging (or tomography, EIT) and microwave imaging (MWI). Both techniques rely on
the contrast in electromagnetic properties (complex permittivity) of the tissues to be
imaged with that of the neighboring tissue region. Both techniques use an array of sensors
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around the region to be imaged. For EIT, a current due to a known voltage is passed
between all electrodes within an array to determine the electrical impedance (or admit-
tance) of the imaged tissue. For MWI, a microwave signal is sequentially transmitted
through the imaged tissue to all antennas within an array to determine the scattering
parameters (ratio of reflected and transmitted signals to the incident signal) of the imaged
region. EIT uses a lower frequency (in the kHz or MHz range) so that the imaged region is
small compared with the signal wavelength. MWI uses a higher frequency (in the GHz
range) so that the imaged region is comparable to the signal wavelength. The MWI
frequency is chosen to be low enough to yield an adequate depth of penetration into
the imaged tissue, but high enough to allow the use of a number of small, closely spaced
antennas in the array. Since antenna size is also comparable to signal wavelength, micro-
strip patches or waveguide apertures on high-permittivity substrates are often used to
reduce the wavelength at the antenna.

Once MWI and electrical impedance imaging are fully developed for clinical use, they
have great potential for the early detection of breast cancer. Other imaging methods are
now available, but they have certain disadvantages that limit their acceptance as the
method of choice for breast cancer screening. Magnetic resonance imaging (MRI) relies
on large electrical currents in cryogenically cooled conductors to produce a strong
magnetic field. Hardware and safety requirements may continue to make MRI too
expensive for widespread use in breast cancer screening. X-ray imaging is now used
fairly extensively, but many women dread the discomfort or pain associated with having
their breast sandwiched between two hard, flat surfaces in preparation for the screening,
and their aversion to this test may prevent them from participating.

For testing patients in the clinic, both MWI and EIT will most likely use the same
arrangement as far as the patient is concerned. The patient will lie face down in a
comfortable position on a cot or gurney, as illustrated in Figure 12.1. The breast to be
screened extends into an opening containing body-temperature liquid that has approxi-
mately the same electrical properties as the normal female breast. This liquid is held
within a cylindrical or rectangular thin-walled plastic container that is attached beneath
the cot. For MWI, numerous small antennas are attached to the entire outer surface of the
plastic container. For EIT, numerous small metal electrodes are attached on the inside
surface of the plastic container so that the electrodes can flow current through the liquid
and the breast tissue under test. These are the techniques, along with numerical modeling,
FIGURE 12.1
Breast imaging arrangement with patient lying comfortably face down.
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that we are now using in the laboratory to obtain the results reported herein. Although we
describe how we obtain the breast cancer images using phantom (artificial) tissues, we
have not yet moved our imaging systems into the clinic to image breast cancer in real
patients. The research and development we are now doing are necessary steps that must
be taken before successful clinical applications can occur.
12.2 Development of MWI

Active MWI is an emerging technique for several biomedical imaging applications.
Besides being economical and easily portable, MWI takes advantage of the high contrast
in electrical properties that exists between anomalous and normal tissue over certain
ranges of frequency [1–7]. Fortunately for breast cancer imaging, the contrast between
normal and malignant tissue appears to be greatest over the approximate frequency range
of 600 to 1000 MHz. This frequency range is both low enough and high enough to meet
most of the requirements cited earlier.

While the high contrast is advantageous, it does make multiple scattering in the region
more pronounced, and this adds to the difficulty of image formation. Although the
specific contrasts vary with frequency, there is now a general belief that these contrasts
are substantial, especially near 800 MHz (see the references cited in Refs. [8,9] and the
review in Fear et al. [10]). For example, according to Joines et al. [6], at 800 MHz, the
permittivity relative to air («r) and the electrical conductivity (s) for malignant breast
tissue are approximately «r ffi 57.2 and s ffi 1.08 S/m, respectively, while they are «r ffi 16
and s ffi 0.16 S/m, respectively, for normal mammary tissue. The contrast is 3.75 for the
relative permittivity and 6.75 for the electrical conductivity. Over the past few years,
several research groups have been working on both hardware and software aspects of
microwave breast imaging [8,9,11–15] to take advantage of the high contrast in applica-
tions of near-field MWI. The reason for the high contrast between malignant and normal
tissue may be better understood through a brief examination of the frequency-dependent
electrical properties of biological tissue.
12.2.1 Frequency Dependence

The frequency dependence of « and s is directly related to the polarization of molecules
and structural interfaces caused by an applied electric field within the biological tissue.
A specific polarization effect is important in determining « and s up to a relaxation
frequency, fr. Above this frequency the induced polarization can no longer change as
fast as the applied field. Thus, above fr the energy storage term («) is less, and the energy
dissipation term (s) is greater. Structural or Maxwell–Wagner relaxation, because of
cellular membranes and other layered structures within the tissue, is of importance at
frequencies below about 100 MHz [16]. Polar or Debye relaxation, because of the rotation
of molecules or molecular groups by the applied field, is of importance in determining «

and s at all frequencies above about 30 MHz. In the 30- to 2000-MHz range, the values of
« and s versus frequency are highly dependent on the free-water content (fr ffi 25,000
MHz) of the tissue. However, bound water (fr in the 100- to 1000-MHz range) and protein
molecules (fr in the 40- to 300-MHz range) also make significant contributions to « and s.
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Because most types of polarization can be described formally in the same qualitative
manner, the Debye equations often apply very well, even though they were derived for
the case of molecular rotation. For a given relaxation frequency, the Debye relations for
« and s are [17]:

« ¼ «H þ
«L � «H

1þ f
fr

� �2
(12:1)

and

s ¼ sL þ
(«L � «H)2pfr

1þ ( fr=f )2
(12:2)

where « ¼ «H at f well above fr and s ¼ sL, « ¼ «L at f well below fr.
Two tissues having different constituencies (e.g., normal and malignant tissues) most

likely will have different relaxation frequencies ( fr1 and fr2). If the operating frequency of
an applied electromagnetic wave is between fr1 and fr2, then an examination of the Debye
equations shows that this is the frequency where the greatest contrast occurs between
« and s for the two tissues [5].
12.2.2 Scattering Parameters

As stated earlier, to achieve MWI an electromagnetic wave is sequentially transmitted
through the tissue region to be imaged and to all antennas within an array surrounding
the region in order to determine the scattering parameters (ratio of reflected and trans-
mitted signals to the incident signal) of the imaged region. This is important because the
scattering parameters may be measured as well as calculated.

Taking just two antennas in the array, one transmitting and one receiving, the scattering
parameters may be simply expressed. The electric field intensity on the transmitter side
(E1) of the region is made up of incident and reflected (scattered) components and
likewise, for the electric field intensity on the receiver side (E2) of the imaged region.
This relationship is expressed as

E1 ¼ E1i þ E1r (12:3)

and

E2 ¼ E2i þ E2r (12:4)

where E1i is a wave incident from antenna 1 into the imaged region, E1r is reflected into
antenna 1 from the region, E2i is incident from antenna 2 into the region, and E2r passes
from the region and into antenna 2. Since the incident and scattered fields completely
determine the transmitted and received signals, it is convenient to express the scattered
fields as functions of the incident fields, as

E1r ¼ S11E1i þ S12E2i (12:5)

and

E2r ¼ S21E1i þ S22E2i (12:6)
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where the scattering parameters are defined as:

S11 ¼ E1r=E1i jE2i¼0, S12 ¼ E1r=E2i jE1i¼0, S21 ¼ E2r=E1i jE2i¼0, S22 ¼ E2r=E2i jE1i¼0 (12:7)

Thus, S11 is the reflection coefficient at antenna 1, under the condition that antenna 2 is
terminated in the impedance of its connecting cable (usually 50 V), so that no signal enters
the region from antenna 2. Under the same condition at antenna 2, S21 is the forward
transmission coefficient of signals from antenna 1 to antenna 2. Likewise, S22 is the
reflection coefficient at antenna 2, under the condition that antenna 1 is terminated in
the impedance of its connecting cable (usually 50 V), so that no signal enters the region
from antenna 1. Under the same condition at antenna 1, S12 is the reverse transmission
coefficient of signals from antenna 2 to antenna 1.

Using the very same concepts and definitions, the scattering parameters for N antennas
are expressed as

E1r ¼ S11E1i þ S12E2i þ S13E3i þ � � � þ S1NENi

E2r ¼ S21E1i þ S22E2i þ S23E3i þ � � � þ S2NENi

E3r ¼ S31E1i þ S32E2i þ S33E3i þ � � � þ S3NENi

..

.

ENr ¼ SN1E1i þ SN2E2i þ SN3E3i þ � � � þ SNNENi

(12:8)
12.2.3 Scattering-Parameter Imaging of Tissue Permittivity

This method of imaging relies on the propagation of electromagnetic waves into and
through the region of interest as shown in Figure 12.2. The reflected and transmitted
electric fields are referenced to the incident electric field to determine the magnitude and
phase delay of the reflection coefficient at the nth port (Snn ¼ j Snn j fffR ¼ Er/Ei) and
the transmission coefficient from port n to m (Smn ¼ j Smn j fffT ¼ Et/Ei) at multiple
transmitter–receiver sites around the circumference of the region.
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FIGURE 12.2
S-parameter measurement system.
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A furthe r visualizati on of the tran smission –reflecti on method is sho wn in Figu re 12.3,
wh ere each anten na on the circumf erence is a transmi tter–re ceiver and the lines between
anten nas may be co nsidere d ave rage ray pat hs for transmi tted waves . Thus, positio n 1 in
Figure 12.3 transmits to all ot her rece ivers at the same time and also recei ves refle cted
sign als from vario us points within the target region . Next , positio n 2 transmi ts to all
positi ons, and so on around the ci rcumfe rence. Both the ampl itude and phase delay of
trans mitted and refle cted signals are func tions of the compl ex per mittivity that the
particu lar ray path encou nters in traver sing or partiall y traversin g the norm al and
mali gnant breas t tissue region s. The data collected with this me thod are pro cessed by
comp uter to produc e images of subr egions of dif fering per mittivity and conducti vity
with in the mamm ary tissue.

At pres ent, we use a vecto r network analyze r (HP 8753A , 0.3 MHz to 3 GHz) to perform
the me asurement func tions in Figure 12.2. In a fully devel oped MWI syst em, the netw ork
analyz er wil l be rep laced with low er-cost, applicatio n-specific, indiv idual component s.

As an examp le to illus trate the transmi ssion–re flection imagi ng me thod, we use a
sim plified mult iport netw ork theory; a more rig orous fu ll-wave theory wil l be sum mar-
ized in Section 12.4. Let d be the dista nce of a n av erage ray path from a transmi tter at port
1 to a recei ver at port 7 in Figure 12.3, let Z0 be the recei ver or tran smitter impedan ce, and
let ZM be the intrin sic im pedance that the rays encou nter in the bulk tissue bet ween
trans mitter and rece iver. From two- port netw ork theory, the reflectio n coefficie nt (S11 )
looki ng from the tran smitter antenna into the bulk tissue is

S11 ¼
(Z 2M � Z 20 ) tanh g d

2Z0 Z M þ ( Z2
M � Z 20 ) tanh g d 

¼ Er

Ei
(12 :9)

and the tran smission coefficie nt ( S71 ) from port 1 to por t 7 is

S71 ¼
2Z0ZM

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1� tanh2 gd

q
2Z0ZM þ (Z2

M � Z2
0) tanh gd

¼ Et

Ei
(12:10)
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Top view of the cylindrical plastic container showing some of the antennas in the total array.
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where g ¼ jv
ffiffiffiffiffiffiffiffiffiffi
m0 «*

p
is the pro pagati on constant of the bulk tissue, and v ¼ 2p f , where f

is the frequenc y in hertz. Let ZM ¼
ffiffiffiffiffiffiffiffiffiffiffiffi
m0 =«*

p
¼ 377 =

ffiffiffiffiffi
«r*
p 

and Z0 ¼ 50 V , then
Z0 =ZM ¼

ffiffiffiffiffi
«r*
p

=7: 54, and S11 and S71 become

S11 ¼
(56: 85 � «r*)j tan 2pf

ffiffiffiffiffi
«r*
p 

d=c
� �

15 : 08 «r* þ (56 : 85 þ «r*)j tan 2 pf
ffiffiffiffiffi
«r*
p 

d=c
� � ¼ Er

Ei
(12: 11)

S71 ¼
15 :08

ffiffiffiffiffi
«r*
p ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

1 � j tan2 2pf
ffiffiffiffiffi
«r*
p 

d=c
� �q

15 : 08 «r* þ (56 :85 þ «r*)j tan 2pf
ffiffiffiffiffi
«r*
p 

d= c
� � ¼ Et

Ei
(12: 12)

where c ¼ 3 � 10 8 m/ s. For exampl e, if d ¼ 0.1 m, f ¼ 800 MHz , and the measu red
values are

S11 ¼ 0:200 ff 81 : 76 � ¼ �13 : 94 dB ff 81 :76 � (12: 13)

S71 ¼ 0:011 ff 86 : 49 � ¼ �39 : 17 dB ff 86 :49 � (12: 14)

then the co mplex per mittivity of the bulk tissue medium at f ¼ 8 00 MHz is determine d as

«r* ¼ 36 � j36 ¼ «

«0
� j

s

v«0
(12: 15)

w h er e « ¼ 36 «0 and s ¼ 1 . 6 0 S/ m . Fr o m o ur p r ev io us m e a s ur e m en t s [ 6 ] , n or m a l
mamm ary tiss ue at 800 MHz woul d yie ld «r* ¼ 17 � j4, or « ¼ 17«0 and s ¼ 0.18 S/m.
Thus, «r* ¼ 36 � j36 would represent a very large difference in expected tissue properties
along the path from port 1 to port 7, which passes through the region occupied
by «2* i n F ig ur e 1 2 . 3 . Th i s e xa m pl e i s i n t en d ed t o i ll us t r a t e h o w t h e c o n t r a st i n
complex permittivity of a region can not only be measured but also located by
coordinate position.
12.2.4 Power, Signal Attenuation, and Signal-to-Noise Ratio

At an operating frequency of 800 MHz, the free space wavelength is l0 ¼ 37.5 cm. In
normal breast tissue the wavelength is reduced to lnormal ¼ l0ffiffiffi

«r
p ¼ 9.375 cm, assuming

that the dielectric constant is 16 for normal breast tissue. The distance between any pair of
transmitting and receiving antennas is less than 20 cm. Therefore, all measurements are
made within a region comparable to the wavelength. The propagation loss between
transmitting and receiving antennas is typically in the range of 8 to 16 dB. A typical
dielectrically loaded waveguide antenna used for MWI has a 3 � 3 cm aperture. If the
transmitting antenna is operated at a transmitted power of 0 dB m or 1 mW, it results in a
transmitted power density of 0.11 mW/cm2, nine times below the ANSI safety level. The
received power is �16 to �8 dB m or 25 to 158 mW. The scattered signal from the tumor is
typically 0.01% of of the incident wave. Since the network analyzer’s noise level is
approximately �90 dB m, the signal-to-noise ratio (SNR) at the receiving antenna is on
the order of 30 dB.
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12.3 Three-Dimensional Formulation

Currently, there are few methods developed for MWI in three dimensions because of the
large computational demand in both forward and inverse problems of inhomogenous
media. While two-dimensional (2-D) and 3-D imaging techniques based on the scalar-
wave approximation have been developed with some success, breast cancer imaging is
inherently a 3-D problem and requires the full 3-D inverse scattering algorithms based on
the vectorial Maxwell’s equations. In our imaging research we have developed a fast
inverse scattering method based on the combination of the contrast source inversion and
the fast Fourier transform (FFT) algorithms.

Because of the volumetric inhomogeneities in biological tissues, surface integral equa-
tion methods become impractical. Methods based on volumetric techniques are more
appealing. We focus on the frequency-domain solution of a volume integral equation
(VIE) for inhomogenous media. In a typical inhomogenous tissue medium, both the
forward and the inverse scattering problems can be formulated using VIEs. The conven-
tional forward scattering method for VIEs is the method of moments (MoM) [18], but the
computational cost is prohibitively high; several 3-D forward problems have been solved
in a number of articles [19–22] using this approach. If the VIE involves N unknowns,
the MoM has a memory requirement of O(N2), and a CPU time requirement of O(N2) or
O(N3) depending on whether the resulting matrix equation is solved iteratively or by
direct inversion.

An important improvement over the MoM is a variant of Bojarski’s k-space method (see
references in Ref. [23]), the so-called conjugate-gradient fast Fourier transform (CG-FFT)
method proposed during the 1980s [24,25], which uses iterative the Krylov subspace
method [26] combined with FFT or nonuniform FFT [27]. Zhang and Liu [28] recently
developed a biconjugate-gradient FFT method based on the weak-form discretization of
Zwamborn and van den Berg and showed a significant improvement over the CG-FFT
method for wave scattering problems. This method has been further accelerated by the
stabilized biconjugate-gradient fast Fourier transform (BCGS-FFT) method for wave
scattering by Xu et al. [29]. Recently, the adaptive integral method developed for surface
integral equations [30] has been further developed for VIEs to accelerate MoM by using
two sets of basis functions to represent near-field and far-field interactions [31].

In the present work, we apply the BCGS-FFT method to MWI by solving the VIE. The
problem under consideration is schematically shown in Figure 12.4, where an arbitrary
mbe b mbe b
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Imaging chamber from above (a) and from the side (b).

� 2006 by Taylor & Francis Group, LLC.



number of antennas are mounted on the plastic container surrounding the phantom
model of breast tissue. Specific configurations for simulation will be described in a later
section. We calculate the electromagnetic fields both inside the tissue medium and at the
receiver array for any source locations. For MWI of breast tissue, the excitation sources
(antennas) are in the near-field zone, and the incident field cannot be approximated as a
plane wave. Therefore, we include the effects of the finite sources in the near-field zone.

In the following section, we derive from the vectorial Maxwell’s equations the VIE for
3-D MWI in the discretized form that we use. Iterative methods for the solution of this
discretized linear system are then described. Numerical results are shown to validate the
method for MWI.
12.4 Wave Equation and VIE

From Maxwell’s equations with an assumed time dependence ejvt,

r� E ¼ �jvmH (12:16)

r�H ¼ (s þ jv«)Eþ J ¼ jv «� j
s

v

� �
Eþ J ¼ jv«*Eþ J (12:17)

r �D ¼ r (12:18)

r � B ¼ 0 (12:19)

we may let

B ¼ r�A (12:20)

since r � r �A¼D 0 maintains r � B ¼ 0, where A is the vector potential. Substituting
Equation 12.20 into Equation 12.16 yields

r� E ¼ �jv(r�A) (12:21)

or

r� (Eþ jvA) ¼ 0 (12:22)

Since r� (r�)¼D 0, we may let the term in parentheses in Equation 12.22 be the negative
gradient of the scalar potential f, and express E as

E ¼ �rf� jvA (12:23)

Note that if v ¼ 0, then E ¼ �rf, as expected for static fields. We now invoke the Lorenz
condition, which defines the divergence of A as

r �A ¼ �jvm«*f (12:24)
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Subs tituting this conditio n into Eq uation 12.23 yields

E ¼ �j v 1 þrr�
k2

� �
A (12 :25)

wh ere k 2 ¼ v2 m« *. Since E and H are propag ating field intensitie s that sa tisfy a wave
equat ion, then A mus t sati sfy a wave equation obt ained as follow s. Sub stitute Equa tion
12.20 and Equati on 12.23 into Equa tion 12.17 to yield

r�r�A¼D r(r �A)�r2A ¼ jvm«*(�rfþ jvA)þ mJ (12:26)

or (again using the Lorenz condition),

r2A ¼ �v2m«*(r)A� mJ (12:27)

A solution to Equation 12.27 is in general not available in a closed form because «* (r) is
inhomogenous. However, for a homogenous medium with constant complex permittivity
«b*, one can find the solution in closed form

Ainc(r) ¼ m

ð
V

J(r0)g(r, r0) dV0 (12:28)

where r, r0, and R ¼ r � r0 are vectors from the origin to the field point, from the origin to
the source point, and from the source point to the field point, respectively. Green’s
function in Equation 12.28 for the homogenous medium is given by g(r, r0) ¼ e�jkbR/
4pR, where kb ¼ v

ffiffiffiffiffiffiffiffi
m«b*
p

is the complex wavenumber of the medium. We call this solution
Ainc, the vector potential for the incident field in a homogenous background medium. The
corresponding incident electric field can be found from Equation 12.25 as

Einc ¼ �jv 1þrr�
k2

b

� �
Ainc (12:29)

For an inhomogenous medium, even though a closed form solution is not available,
one can express the solution in terms of an integral equation through the equivalence
principle, as discussed below.

In order to introduce the equivalence principle, the key is to rewrite Maxwell’s
equations into a second-order partial differential equation for the electric field:

r2Eþ k2
bE ¼ jvm[Jþ Jeq] (12:30)

where

Jeq ¼ jv[«*(r)� «b]E (12:31)

is the volume equivalent electric current density induced in the inhomogenous medium.
Thus, from Equation 12.30, the total field E can be written as the superposition of

the incident field Einc due to the primary source J and the scattered field Esct due to the
induced source Jeq. Similar to the incident vector potential and incident electric field,
the scattered vector potential and scattered electric fields are
� 2006 by Taylor & Francis Group, LLC.



A sct ( r ) ¼ m

ð
V

Jeq ( r 0 ) g(r , r 0 ) dV 0 (12: 32)

E sct ¼ �jv 1 þrr�
k 2b

� �
A sct (12: 33)

The total electric field E(r) is compo sed of an incident fi eld plus a scatter ed field, and it is
the scatter ed fi eld that we nee d to det ermine. Thu s, combi ning Equation 12.31 through
Equa tion 12.33, we have

E(r ) � Einc ¼ v  
2 m 1 þrr�

k 2b

	 
 ð
V

E(r 0 ) g( r , r0 )[«*( r0 ) � «b*] dV 0 (12: 34)

where the subscri pt b denote s a paramete r of the backgrou nd medium (normal tissue and
liquid with the same pro perties) . Equati on 12.34 is the integral equation represe ntation of
the sca ttered ele ctric field ever ywhere in space. In parti cular, for r 2 V , Equation 12.34 is a
Fredhol m inte gral equation of the sec ond kind. This is the integral equation we solve for
the intern al electric field E for r 2 V, from which the fi eld everywh ere in the reg ion can be
obtaine d. This typ e of VIE has been solve d by usin g the MoM [18,20 ,21]. In our work
we wil l use an alternat ive discr etizati on method coupl ed with the Krylov subspace
iterative technique to significantly speed up the numerical solution of the problem.
12.4.1 Microwave Imaging

In MWI, scattering parameters are measured using the antennas mounted on the surface of
the plastic co ntainer in Figure 12 .4. The obje ctive of MWI is to reconst ruct the distr ibution
of the complex permittivity inside the tissue given the measured scattering parameters.

First, for the MWI system design optimization, the forward problem must be solved.
This is to calculate the electric field distribution, given a set of antennas and known
distribution of the complex permittivity. In the general problem of microwave interaction
with a tissue medium shown in Figure 12.4, an inhomogenous medium with a finite
volume V is embedded in an isotropic, homogenous background medium with constant
permittivity «b, electric conductivity sb, and permeability mb. This background medium
may be air or a matching fluid that is designed to approximately match the electrical
properties of the tissue to enhance the SNR in the measurement of the scattered field [9].
The inhomogenous volume V is characterized by nonuniform distributions of permittiv-
ity «(r) and conductivity s(r); and permeability is assumed constant, that is, m ¼ mb. The
objective is to solve for the electric field everywhere in space due to a finite antenna
(usually electrically small because a large array of antennas is needed in an array ima-
ging system). For more details of the BCGS-FFT method, the reader is referred to
Refs. [9,28,29,32].

The above discussion is for the forward problem where the distribution of the complex
permittivity is known. In reality, for the clinic application of MWI and electrical imped-
ance tomography, we need to solve the inverse scattering problem where the complex
permittivity is an unknown distribution. From some limited measurement data collected
on the surface of the container, we infer such unknown permittivity distribution by
solving the inverse problem through Equation 12.34. In our work, we apply both the
distorted Born iterative method and the contrast source inversion method to solve this
inverse problem. For details of such inverse solvers, the reader is referred to Refs. [9,33–35].
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12.4.2 Electrical Impedance Tomography

This imaging method uses multiple planar electrodes positioned around the region to be
imaged, as in Figure 12.5. Impedance or admittance measurements are made between all
electrodes, two at a time. Thus, in a parallel-plate capacitor sense, the admittance between
any pair of electrodes is the ratio of current to voltage as:

Y ¼ I

V
¼

Ð
S

J � dS

Ðd
0

E � dl

¼

Ð
S

(s þ jv«)E � dS

Ðd
0

E � dl

¼ (s þ jv«)
A

d
¼ jv«*

A

d
(12:35)

or Y ¼ G þ j vC, where G ¼ s (A/d), C ¼ « (A/d), and «* ¼ « � j s
v

is the measured
complex permittivity if A/d is known from calibration data. The real and imaginary parts
of «*, the permittivity «, and the conductivity s are the electrical properties of the
composite tissue between pairs of electrodes. The factor (A/d) is an effective area-
to-distance ratio that may be different for each electrode pair, but this ratio is determined
by measuring a material with known electrical properties (such as 0.15 M NaCl at 248C).

In general, the electric field will be nonuniform but most intense in the region between
the electrode pair selected for measurement. The fields between adjacent electrodes will
measure properties near the tissue surface, while more diametrically opposed electrodes
will measure the composite properties across the tissue region. Such a sequence of
measurements is stepped around to include all electrode pairs surrounding the region
in 3-D, so that the next set of measurements would be between electrode 2 and all the
other electrodes, and so on. Thus, the mapping and imaging of a region are done based on
the differing electrical properties within the region.

Impedance imaging is a subject that has been under continuing investigation [36–40].
Research into impedance imaging in our research group began in 1975. We used an
open-ended coaxial probe that produced a nonradiating, fringing field to measure the
admittance of the material against which the probe was held. This was essentially a two-
electrode system that measured the admittance between the inner and outer conductors
as given in Zhang and Liu [35]. Moving this noninvasive probe to different positions on
the surface of the body, we were able to locate and map out the tumors lying near the
skin surface on the bodies of two cancer patients. This work indicated that even
FIGURE 12.5
Configuration of electrical impedance tomography.
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when me asured thr ough the intact skin, cancer ous tissue generall y has greater electri cal
conducti vity and per mittivi ty than norm al surrou nding tissue [41].

The forward and inve rse problem s of EIT can also be fo rmulated in the same way as for
the MWI , that is, using the volume integ ral Equati on 12.34. This is especia lly co nvenient if
the electr odes are small and can be consid ered as point electr odes. For finite-size elec-
trodes , in ord er to apply the boun dary condi tions on the electr ode surfac e, we use the
high- order finite elemen t and spect ral elemen t method s to solve the parti al differe ntial
equat ions dir ectly in the forward pro blem. For the inve rse prob lem, we use the distorte d
Born iterative me thod [42,43 ].
12.5 Three-Dimensi onal Images R econstr uct ed fr om Simulated

Three -Dime nsi ona l MWI Da ta

Figure 12.6 shows the me asureme nt setup to image two iden tical spheri cal anomalie s
both with «r ¼ 48 and s ¼ 0 .8. The sources and rece ivers are evenly distrib uted over
the six surfac es of the cu boid. The two sphe res of radius 1.1 cm are located at (3.9,0, 0) and
(� 3.9,0,0) cm, resp ective ly. The imag ed domai n is discreti zed into 31 � 31 � 31 voxels.
The reconst ructed «r and s are displa yed on thr ee orthogo nal slices in Figure 12. 7,
showin g a high fid elity to the grou nd truth .
12 .6 Two - Di me nsio na l Image s R econstructed from Measured

Two - Di me nsio na l EIT Da ta

This sec tion pre sents three exampl es of ima ges reco nstructed from me asured da ta
obtaine d from a Two-D imension al EIT syst em.
12.6. 1 Case 1: One Insula tor Objec t Inside the Containe r

The first example is Case 1, shown in the left panel of Figure 12.9. The differen ce bet ween
the total field and the background field in the right panel of Figure 12.9 is the measured
Tx

Rx

FIGURE 12.6
The setup of Three-Dimensional imaging of two spherical anomal-
ies separated by 7 cm.
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FIGURE 12.7 (See color insert following page 380.)
Inversion for Figure 12.6 on three orthogonal slices through the center of the anomalies. Inverted dielectric
constant «r (a) and conductivity s (b).
sec ondary field. The reconst ructed image from this second ary field is shown in the left
pane l of Figu re 12.8. The dot ted circle in this fig ure indicates the grou nd truth of the
object. It is observed that the reconst ructed ima ge matc hes wel l with the grou nd truth,
althou gh the a bsolute val ues of the condu ctivity of the highly res istive object are no t wel l
recove red becau se of the extrem e co ntrast.

In order to show the misfit bet ween the reco nstructe d data and the me asured data, we
take the reco nstructe d 2-D condu ctivity map in the left panel of Figure 12.8 and use the
� 2006 by Taylor & Francis Group, LLC.
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FIGURE 12.8 (See color insert following page 380.)
Left: Image reconstructed from the measured data in Case 1. The dashed circle indicates the ground truth. Right:
Comparison of the secondary field between measurements and simulated by forward solver with the recon-
structed s in Case 1.
forward sim ulator to pred ict the data correspo nding to this im age. The compariso n
betwee n the measu red data (blue cu rve) and the simulat ed data (red curve) usin g the
reconst ructed imag e is shown in the right panel of Figure 12.8. We obse rve that these two
sets of res ults have excel lent a greement, ind icating smal l data misfi t from the recon-
struct ed data.
12.6. 2 Case 2: Two Insula tor Objec ts Inside the Containe r

The setup of the second exampl e (Ca se 2) is sho wn in the left panel of Figu re 12.10. It is
similar to Case 1, excep t that two insu lators (be akers) are inser ted into the co ntainer. The
measu red to tal field and backgrou nd field are shown in the rig ht panel of Figure 12.10.
From the second ary field, the distor ted Born iterati ve method (DBIM) reconst ructs the
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FIGURE 12.9
Left: The setup of Case 1 with one insulator object (beaker). Right: The measured voltage with and without the
object in Case 1.
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FIGURE 12.10
Left: The setup of Case 2 with two nonconducting circular objects (beakers). Right: The measured voltage with
and without the objects in Case 2.
imag e sho wn in the left pan el of Figure 12.11. The dot ted ci rcles in this figur e indic ate the
grou nd truth of the objects. It is observ ed that the reconst ructed image matc hes wel l wi th
the gro und truth , althou gh the absolute values of the condu ctivity of the highly resistiv e
objects are again not well recove red becau se of the extrem e co ntrasts.

From the reconst ructed condu ctivity im age, we use the forwa rd simulat or to pre dict the
sec ondary field data. This sim ulated resu lt is then comp ared with the measured second-
ary field in the right pane l of Figure 12.11. Again , we observ e that thes e two sets of resu lts
have excel lent agreeme nt, indicati ng smal l data misfit from the reconst ructed data.
12.6. 3 Case 3: One Conduct ive an d One Re sistive Object Inside the Containe r

The third case, sho wn in the left panel of Figure 12. 12, co nsists of two objects in
the co ntainer. The bigger object is a co nductive metal cyl inder, wh ile the smal ler
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FIGURE 12.11 (See color insert following page 380.)
Left: Image reconstructed from the measured data in Case 2. The dashed circles indicate the ground truth. Right:
Comparison of the secondary field between measurements and simulated by forward solver with the recon-
structed s in Case 2.
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FIGURE 12.12 (See color insert following page 380.)
Left: The setup for Case 3 with one larger metal object and one smaller insulator object. Right: The reconstructed
s. The two circles denote the locations of the objects.
object is a resistive beaker (an insulator). This represents a more interesting case for
reconstruction as the conductivity contrast is positive in one region and negative
in another.

The reconstructed s is shown in the right panel of Figure 12.12. The anomalies recon-
structed match well with the original objects in location. However, the size of both objects
has been somewhat overestimated. The conductivity value of the bigger object is indeed
greater than the background, and the smaller object has conductivity values smaller than
the background. These indeed match with the original setting that one object is a con-
ductor and another is an insulator, although again the exact values of conductivity are not
obtained because of the large contrasts. Nevertheless, the reconstructed images show
high-quality reconstruction.

The CPU time for the above image reconstruction examples is less than 3 min on a
Pentium IV computer. We emphasize that this speed is expected to be greatly reduced
once the program is optimized. Furthermore, in clinical application, the image recon-
struction will be performed offline, and thus the computation time of a few minutes is not
a concern.

Observations—There are some artifacts in the areas close to the electrodes, perhaps
caused by the surface resistance at the interface between the saline solution and the
electrodes. However, the overall reconstructed images are excellent. The size and shape
of the objects can be well predicted by the reconstructed images. Our future work is to
extend the methodology reported here to a full 3-D EIT system. In such a system, we will
further improve the sensitivity and resolution of the system by incorporating higher-
precision multimeters and by placing a denser 3-D electrode array in the system. Fur-
thermore, to match the higher sensitivity and resolution requirements, we will improve
the accuracy of the forward and inverse solvers by incorporating higher-order and
spectral methods. From the successful data acquisition and image reconstruction with
our 2-D EIT system, it is believed that the 3-D EIT system is highly promising for breast
cancer detection.
� 2006 by Taylor & Francis Group, LLC.



12.7 Summary and Conclusions

This chapter is a brief summary of MWI and electrical impedance tomography projects
ongoing at Duke University. The modeled and measured results presented herein on
artificial materials show the kinds of clear images one would fully expect to generate in
the clinic using the same techniques. Other research groups are also developing improved
MWI and impedance imaging systems, and some breast cancer images derived from
clinical data have been published [14,44,45]. Because of 2-D artifacts or algorithm limita-
tions, the earlier clinical images are not as clear as the ones that can be generated with the
improved techniques now available. While improvements in current prototypes are
encouraging, more work remains before MWI and EIT systems are integrated into clinical
applications to produce the high-resolution breast cancer images that are now obtained in
the laboratory.
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